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Rydberg molecules are an essential ingredient of cold molecular sciences. Due to the richness of
interactions betweenRydberg atoms and neutral atoms, new kinds of Rydbergmolecules and binding
mechanisms are still to be discovered. In this work, we predict the existence of long-range van der
Waals trimers in dilute atom-gas mixtures. These are bound states of a Rydberg atom and a diatomic
polar molecule mediated by the long-range van der Waals interaction. This binding mechanism gives
rise to trimers with sizes between 5 and 500 nm and binding energies between 0.2 kHz and 2 MHz
depending on the atomic principal quantum number n and orbital angularmomentum L. We show that
these trimers can be produced via two-photon photoassociation, with rates on the order of (10−13 -
10−11) cm3s−1 for temperatures in the range of (0.5 μK - 10 μK), and discuss the feasibility of observing
trimer resonances.

Rydberg atoms play a pivotal role in several areas of atomic, molecular, and
optical physics (AMO)1, such as the implementation of novel quantum
information protocols2, quantum simulation of many-body Hamiltonians3,
the study of impurity physics, non-linear quantum optics, and ultracold
chemistry4–6. Many of these applications rely on controlling the exaggerated
properties of Rydberg states in order to tailor the resulting interatomic
forces. For example, at high densities, Rydberg excitations present a unique
lineshape as a consequence of the Rydberg electron-perturber atom
interaction7,8, leading to, under appropriate conditions, the formation of
ultralong-range Rydberg molecules9,10,10–18, and possible polaron effects
considering the Rydberg atom as an impurity in a dense atomic
reservoir.19–21 Another key ingredient in AMOphysics is cold molecules, an
essential platform for exploring fundamental quantumphenomena, such as
the control of interactions in quantum chemistry6,22, novel quantum
phases23–25, andquantum informationprocessing26. Long-range interactions
and state preparation make molecules ideal platforms for simulating com-
plex quantum systems and advancing quantum technology applications.

Rydberg atoms interacting with cold molecules offer a unique oppor-
tunity for studying exotic Rydberg molecules. For instance, a Rydberg
excitation in a dense gas of polar molecules, such that molecules can be
found within the orbit of the Rydberg electron, can lead to the formation of
long-range Rydberg trimer bound states primarily via the charged-dipole
interaction between the Rydberg or core and the molecule plus elastic
electron-molecule collisions27–29. In this scenario, the Rydberg electron
scattering off the diatomic molecule establishes the binding mechanism.
Similarly, when the Rydberg excitation is induced in amolecular gas, it gives
rise to the formation of Rydberg bimolecules, an ultralong-range Rydberg
molecule in which amolecular ionic core is bound to amolecule (inside the

Rydberg orbit). These exotic molecules show large binding energies in the
GHz regimeand exhibit kilo-Debyepermanent dipolemoments30. A similar
scenario has been proposed as a technique for sympathetic cooling of
molecules31.

In this work, we predict the existence of a long-range Rydberg trimer
molecule when a Rydberg atom binds to a diatomic polar molecule via the
van der Waals interaction. The Van der Waals interaction, responsible for
the bonding in these trimers, dominates when the Rydberg-molecule dis-
tance is larger than the Le-Roy Radius, i.e., the distance beyond which
electronic overlap is negligible. The considered long-range van der Waals
potential is shown in Fig. 1, upper part of panel (b), while the gray shaded
region represents the short-range potential, which is not considered here.
These trimers will appear in a regime where the molecular density is much
lower than the density of Rydberg atoms, so that at most one molecule
resides within the Rydberg blockade radius rB, but outside the Rydberg orbit
rn, as displayed in panel (a) of Fig. 1. This regime is complementary to
previously reported ultralong-range Rydberg molecules, where the oscilla-
tory Born-Oppenheimer potentials due to the Rydberg electron-perturber
scattering appear below the Le-Roy radius27,32. The observation of a long-
range van der Waals Rydberg trimer requires a two-photon photoassocia-
tion scheme starting from the ground electronic state of the atom and the
molecule. This methodology is usually employed on the study of exotic
Rydberg molecules involving Rydberg atoms in the S and D states. In
analogy to the lineshape of Rydberg excitations in atomic gases1, the two-
photon photoassociation lineshape spectra will show traces of the existence
of long-range van derWaals Rydberg trimers. Furthermore, studying these
trimers will help better understand Rydberg-molecule interactions for
molecular cooling33 and polar molecule manipulation techniques34–36.
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Results
Let us consider a mixed thermal gas consisting of atoms X, and molecules
AB, in their ground vibrational state. A two-photon excitation, resonant
with a Rydberg state of the atom X*, induces the following light-assisted
chemical reaction known as two-photon photoassociation (PA)37:

Xþ ABþ 2γ ! X� � AB ; ð1Þ

where X*−AB represents an excited trimer resonant with an excited
electronic state that correlates with the atomic Rydberg state of the atom.
These excited states are the long-range van der Waals trimers, and their
existence is contingent to the nature of the long-range van der Waals
X*+AB interaction and the reaction rate of Eq. (1).

We consider our atom as 85Rb(52S1/2) and our molecule is either LiRb
orKRb in the ground rovibrational state (1Σ+, v = 0, J = 0) since both of these
molecules are available in the cold and ultracold regimes38–40, although
further efforts are still required to achieve a pure ground-state gas of LiRb.
The Rydberg state of the atom is denoted as n2Lj, where L is the atomic
orbital angularmomentum and j is the total electronic angularmomentum.
The initial state of the PA process is a scattering atom+molecule state
denoted ∣ΨlðEkinÞ

�
, with collision energy Ekin and partial wave l, in the

groundatom-molecule channel ∣52S1=2i∣X1Σþi.Here,we assumean s-wave
collision between the Rydberg atom and the molecule, i.e., l = 0. The final
state of the process ∣Ψν

�
corresponds to the νth bound state of the trimer

potential that correlates with the ∣n2Lji∣X1Σþi asymptote. In addition, we
consider the total angular momentum projection along the quantization
axis ∣Ω =m+M∣ = 3/2, where m is the atomic angular momentum

projection M = 0 since we consider the molecule in the ground rotational
state41. Here, we follow the usual labeling for vibrational states
ν =−1,−2,−3,… , where ν =−1 denotes the shallowest bound state.

For distances beyond the Le Roy radius of the Rydberg atom RLR
42,

the Rydberg-molecule interaction is given by the van der Waals term
V(r) =−C6/r

6, where r is the Rydberg-molecule distance. In many cases,
this interaction has been shown to be attractive41, so it can support bound
states depending on the magnitude C6. Figure 2a shows the dissociation
energy of the Rydberg-molecule interaction potential as a function of the
atomic principal quantum number n for all the species being considered.
Therefore, bound state energies will span between 0.2 kHz and 20MHz.
We computed the number of bound states for each species using the
Wentzel–Kramers–Brillouin (WKB) approximation, and the results
agree with exact numerical calculations as shown in panels (b) and (c) of
Fig. 2. Highly excited n-states have a larger Le Roy radius, which reduces
the effective range of the attractive van der Waals force. As a result, the
potential well becomes shallower, limiting the number of bound states.
The C6 coefficient, which depends on the molecular structure, is an order
of magnitude larger for LiRb than for KRb, explaining the observed
difference in the number of bound states. For example, for Rb*(15D1/2),
the van der Waals coefficients are C6(LiRb) =−2.778 × 108 a.u, and
C6(KRb) =−1.351 × 107 a.u. The Le Roy radius is the same in both cases,
approximately 712 a0.

We compute PA rates for 15 ≤ n ≤ 50 Rydberg levels in the 2S1/2 and
2D3/2 atomic channels, but the formalism can be equally applied to other
atomic and molecular states, provided the C6 coefficients in the initial and
final states are known. From resonance scattering theory37,43, the PA rate
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Fig. 1 | Formation of ultralong-range Rydberg trimers. Panel a shows a scheme of
the atomic and molecular diluted gases, where not more than a single molecule can
be found within the Rydberg blockade radius rB, but outside the Rydberg electron
orbit radius rn. The Rydberg atoms are represented in orange, the neutral atoms in
blue and the diatomicmolecules in red and green. The zoom-in panels (b, c) show an
example of interacting channels and potentials involved in the phtoassociation
process for a given atom-molecule pair (Rb+ LiRb). The relevant scattering and
bound-state wavefunctions are shown in panel (b), where the inset shows a zoom-in
of the initial continuum wavefunction, while the gray shaded area indicates the
short-range part, not considered in this work. The process efficiency depends on the

overlap between the initial scattering state [LiRb(0,0)+ Rb(52S1/2)] and the final
near-threshold vibrational state of the electronically excited trimer
[LiRb(0,0)+ Rb*(152D3/2)] (∣Ω∣ = 3/2), which exhibits three vibrational levels. The
substantial difference of van der Waals lengths between the initial and final states is
highlighted. Furthermore, the two-photon scheme for exciting alkali-metal atoms
into a target Rydberg state is displayed in panel (c), where atomic states ∣g

�
; ∣ei; ∣ri

are connected through the lasers ω1 and ω2, giving the two-photon detuning δν ¼
ω1 þ ω2 � ðωr � EνÞ

�
from the trimer bound level Eν. Large intermediate detunings

Δ1 from the excited atomic level prevent gas heating via light scattering.
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constant can be written as

KPAðEkinÞ ¼ vrel
π

k2
X1

l¼0

ð2l þ 1ÞjSνðEkin; lÞj2; ð2Þ

where vrel ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
8kBT=πμ

p
is the relative velocity of the particles in the

entrance channel, μ is the reduced mass of the Rydberg atom-molecule

system, and k ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2μkBT=_

2
q

is the channel wavevector. kB is the

Boltzmann’s constant and T is the temperature. The rate constant is
determined by the element of the S-matrix that connects the scattering state
and the bound state, given by37

jSνðEkin; lÞj2 ¼
γ ΓνðEkin; lÞ

½Ekin=_þ δν �2 þ ½ΓT=2�2
; ð3Þ

where δν =ω1+ω2− (Ea− Eν) is the two-photon detuning from the final
state ∣Ψν

�
, where Ea is the energy of the Rb*(n2Lj)+Diatom

(X1Σ+, v = 0, J = 0) asymptote, and Eν is the binding energy of the ν-th
near-threshold bound state. We can neglect the possible light shifts of these
resonance frequencies for weak laser dressing fields. The two-photon
excitation scheme is further specified in Fig. 1 (Panel c) in terms of the
individual Rabi frequencies Ω1 and Ω2 of the driving lasers at ω1 and ω2,
respectively. The derivation of the effective two-level approximation used in
Eq. (3) is given in the “Methods” section.

The width of the scattering resonance in Eq.(3) depends on the overall
decay rate of the atom-molecule trimer state, given by ΓT = γ=+ Γν(Ekin, l),
where γ is the natural linewidth of the Rydberg state and the stimulated
absorption rate is given by:

ΓνðEkin; lÞ ¼ 2πjVνðEkin; lÞj2; ð4Þ

where

VνðEkin; lÞ ¼
Ωeff

2
Ψν

�
∣ΨlðEkinÞ

�
: ð5Þ

Here, Ψν

�
∣ΨlðEkinÞ

�
represent the overlap between the initial scattering

wavefunction and the final bound state wavefunction. For loosely bound
vibrational states, it is a good approximation to neglect the radial depen-
dence of the electric transition dipole moment, leading to an effective two-
photon Rabi frequency of Ωeff =Ω1Ω2/2Δ1 (more details in Ref. 44 and in
the “Methods” section).

The bound state trimer wavefunctions were computed using the
mapped Fourier Grid Hamiltonian method, incorporating a repulsive

barrier as a numerical technique to explore long-range interactions of the
system, without involving short-range effects (“Methods”). The initial
scattering wavefunction was obtained using the Numerov method. With
this information at hand,we compute the stimulated absorption coefficients
for LiRb-Rb*(15D3/2) andLiRb-Rb

*(20D3/2). The results are shown inFig. 3
assuming the followingRydberg dressing parameters:Δ1 = 80MHz,Ω1 = 10
MHz and Ω2 = 8 MHz associated to laser intensities I1 = 10−4W/cm2 and
I2 = 1.5W/cm2 at frequencies ω1 and ω2, respectively. The stimulated
absorption rates are rather smooth except for certain dips due to the energy-
dependent oscillatory nature of the continuumwavefunction, which affects
its overlap with a given bound wavefunction, as Fig. 4 illustrates. Notably,
the peak amplitude of the bound state ν =−3 aligns with a node of the
Ek = 21 μK scattering wavefunction, resulting in minimal overlap and pro-
ducing the dip observed in panel (a) of Fig. 3. In contrast, the other two
kinetic energies correspond to nonzero amplitudes at the ν =−3 peak
position, leading to a larger stimulated absorption rate (see panel (a)
of Fig. 3).

Panel (c) of Fig. 3 displays the average stimulated absorption rate for
LiRb+Rb*(nD3/2), including the contributions from all available bound
states. The results are shown as a function of the collision energy, displaying
a smooth behavior. For a given collision energy, the estimated absorption
rate can be very distinct depending on the bound state under consideration,
as highlighted in Fig. 4. SupplementaryTables 1 and 2, showadetailed study
of the stimulated absorption rate for different molecular species and atomic
quantum numbers.

We compute the two-photon PA lineshape profile for the LiRb-Rb(15
D3/2), and the results are shown inFig. 5. Thisfigure displays the PA rate as a
function of the two-photon detuning with respect to the least bound state
associated with the LiRb-Rb(15 D3/2) asymptote. The spectral overlap clo-
sely resembles the Lorentzian profile from Eq. (3) due to the low energy
values of the bound states relative to the kinetic energy. This causes all peaks
to appear tightly centered around δν = 0. A closer examination of the
spectrum, as shown in panel (b), reveals a more intricate structure where
each bound state contributes uniquely. It is important to note that the peak
intensity of each contribution varies with the collision energy. The width of
the PA spectra shows the expected inverse proportionality of the spectrum
broadening with the temperature, as in panel (a) of Fig. 5. An exhaustive list
of the values ofKPA for the rest of bound states at the present temperatures is
reported in Supplementary Tables 3 and 4.

Finally, we report the PA rate peak for four different Rydberg-molecule
combinations as a function of the principal quantum number, and the
results are shown in Fig. 6. Independently of the species under considera-
tion, the PA peak rate constant varies from 10−13 to 10−11 cm3 s−1. Clearly,
systems involving Rydberg atoms in the D state outperform those with a
Rydberg in the S state since the former shows larger C6 coefficients. It seems

Fig. 2 | Characterization of the long-range Rydberg-molecule energy landscape.
Panel a shows the dissociation energy of the trimer, it means, the Van der Waals
potential evaluated at the minimum distance RLR, as a function of the principal
quantum number n.The different colors represent the various molecule-atom pairs.
The curve follows a scaling law proportional to n−5 or n−6 depending on the Rydberg

state see Ref. 41. Panels b, c show the number of bound states for each Rydberg-
molecule potential, corresponding to the D and S states, respectively. The bound
states were computed using theWentzel–Kramers–Brillouin (WKB) approximation
and the discrete variable representation (DVR)method. Both panels show the results
as a function of the principal quantum number and the species considered.
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that low principal quantum number states favor the PA rate toward the
formation of long-range Van derWaals Rydberg trimers, which arises from
thedependenceof the S-matrix elements on theboundstate energies and the
Franck-Condon factors [Eq. (3)]. The absence of bound states for suffi-
ciently large n values (Fig. 2) is consistent with previous observations in the
Rb*+KRb system, in the context of inner-orbital long-range Rydberg
trimers28.

Discussion
We predict that long-range van der Waals Rydberg trimers exist in nature.
The extension of these exotic trimers spans from5 to 500 nm, depending on
the atomic principal quantum number n and orbital quantum number L.
The size is comparable to other exotic Rydberg molecules such as trilobite
and butterfly molecules9,11,12,14,15,45. Using the width of the PA absorption
spectrum,We estimate the lifetime of the trimer states to range from 10−9 to
10−4 s, indicating that they could be synthesized in the lab via two-photon
PA. However, the lifetime can be reduced due to collisional effects between
the molecules and the Rydberg atoms.

To discuss the feasibility of observing these new exotic Rydberg
molecules, first, we consider the stimulated absorption rate, which in our
case is ~1012 s−1. The same magnitude for bi-alkali molecules via PA is of
1.5 × 108 s−1 forRbCs46 and3.5 × 107 s−1 for LiRb38, usingPA laser intensities
on the order of 102–103W/cm2 and a temperature of ~100 μK. These
examples also involve species that interact via van derWaals forces, butwith
values of C6 that are several orders of magnitude smaller than our case. In
addition, the PA process in these bi-alkali systems occurs at relatively short
distances37, which makes the process more sensitive to the details of the
initial scattering wavefunction. Therefore, the predicted stimulated
absorption rate is indicative that the photoassociation between a Rydberg
atom and a diatomic polar molecule into a long-range van der Waals
Rydberg molecule is somewhat efficient.

To observe long-range van der Waals Rydberg trimers, we propose to
work in a regime where the molecular density is much smaller than the
density of Rydberg atoms, such that there is at most one molecule residing
within the Rydberg blockade radius rB. The Rydberg radius depends on the

Fig. 4 | Overlap of the wavefunctions for computing the photoassociation rates.
The upper region (gray background) shows the bound-state (BS) wavefunctions for
the LiRb+ Rb*(15D3/2) system. Three bound states exist in the potential, labeled by
ν =−3 (red), −2 (blue), and −1 (orange). The lower region (yellow background)
displays the continuum wavefunctions (CW) corresponding to different collision
energies, as indicated in the legend. The horizontal black dashed line marks the zero
amplitude of the collisional wavefunctions, while the vertical black solid line high-
lights the vertical transitions—and thus the overlap—between the continuum states
and the bound states.

Fig. 3 | Stimulated Absorption rates as a function of the kinetic energy of the
(LiRb+ Rb*) collision pair. Panel a presents the stimulated absorption rates for
Rb*(15D3/2) state. The different bound states contributions from ν =−3,−2 and−1
are shown in teal solid, dashed and dotted lines, respectively. Similarly, Panel
b shows same stimulated absorption rates for the Rb*(20D3/2) state, where the bound
states contributions are shown in red with the same line style code as before. Panel
c is the average absorption rate, over available bound states as a function of the
principal quantum number n for LiRb+ Rb*(nD3/2). Collision energies of 0.5, 1, and
10 μK are presented in green dotted, blue dashed and teal solid lines, respectively.
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van der Waals interaction between the atoms in identical Rydberg levels2.
Given a laser-dependent Rydberg excitation fraction f < 1, the critical
ground atom density ρB below which we can ignore blockade effects can be
estimated from f × ρB × ð4=3Þπr3B ¼ 11. Assuming weak dressing f ~10−2

and rB ~1 μm
47, the relevant atom densities for this work ρB ~10

10 cm−3 are
thus compatible with magneto-optical trapping48,49. Our molecule of choice
is LiRb due to its strong long-range interaction and relatively large reduced
mass. However, an ultracold degenerate gas of this molecule has yet to be
achieved, although efficient short-range photoassociation pathways have
been demonstrated for the triplet state39. Therefore, our work could be an
incentive for efforts towards an ultracold gas of LiRb molecules.

In comparison with traditional cold-molecule formation experiments
that target high-density molecular ensembles50, our Rydberg trimer pre-
dictions could be tested in a low-density regime. Then, independent
molecules are diluted in a background gas of alkali-metal atoms for atomic
densities below the critical value beyond which Rydberg blockade effects
become important51, and thus aggregation effects between Rydberg atoms
are suppressed52.Ontheotherhand, ultralong-rangevanderWaalsRydberg
trimers could be synthesized using optical tweezers. In this scenario, the
molecule and atom are in adjacent tweezers, so the two-photon photo-
association profile is considered a function of the distance between the two
tweezer traps. Thus, our work sets the foundations for a deeper under-
standing of the exotic properties of ultracold molecules in atomic Rydberg
reservoirs.

Methods
Scattering and bound states wavefunctions
The initial scattering wavefunction was obtained by solving numerically the
Schrödinguer equation describing the interaction of ground state
LiRb(KRb) with ground state Rb. We solve the radial equation with the
Numerov method, assuming a Lennard–Jones potential between the atom

Fig. 6 | Peak photoassociation rates constant for LiRb-Rb* and KRb-Rb*. Panels
a, b display the peak PA rate constants assuming a collision energy of 500 nK and
10 μK, respectively.

Fig. 5 | Photoassociation (PA) lineshape for LiRb+Rb*(15 D3/2) for different
collision energies. Panel a shows the PA lineshape for three collision energies:
Ek = 0.5 μK (green), Ek = 1 μK (blue), Ek = 10 μK (teal). Panels b, c are the KPA

constants for Ek = 10 μK and 500 nK, respectively, including the contributions from
each vibrational state. The vibrational states ν =− 3, ν =−2 and ν =−1 contribu-
tions are represented by solid, dashed and dotted curves, respectively. The inset on
panel b is a zoom-in of the PA peak. The color coding for panels b and c is the same:
vibrational states are given in panel (c), and the total spectrum is in cyan.
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and the molecule. This potential model accurately describes the long-range
dispersion forces acting on the system at large distances where PA takes
place. Note that for the assumed experimental conditions, rotational exci-
tation leading to anisotropies does not play any role. For LiRb interacting
with Rb, the Lennard-Jones parameters are C6 = 7159 a.u, De = 2036 cm−1

andC12 =C2
6/4De, while for KRb interacting with Rbwe haveC6 = 8798 a.u,

De = 1584 cm−1, with the samedefinition forC12. Both sets of parameters are
taken from Ref. 53.

Bound statewavefunctions ∣Ψν

�
are calculatedusing amappedFourier

grid Hamiltonian method54 given a Rydberg-molecule effective trimer
potential. The Rydberg-molecule interaction potential is characterized by
V(R) =C6/R

6 up to R = Rc where we impose a repulsive barrier to avoid
further penetration. The discussed results were obtained using Rc = 1.1RLR,
where LeRoy radius is estimated fromRLR � ffiffiffiffiffi

10
p

n2a0. The convergence of
the results was tested by varying the position of the barrier between RLR and
1.2RLR. The relativedeviation in the energyof threshold states,which are the
most affected by the barrier position, ranges from 9% to 16%, scaling with
the value of the LeRoy radius. Additionally, evenwithout knowing the exact
barrier position,we can confirm that the energy of the threshold bound state
does not exceed the theoretical limitE−1≈39.5 EvdW in the s-wave regime as

outlined inRef. 55.Here,EvdW � ffiffiffi
2

p
_3=μ3=2C1=2

6 .As a specific example, for
the highly excited LiRb+Rb*(50D3/2) state, the theoretical threshold-state
energy is approximately 1.694 × 10−2 MHz,while the reported valueweused
is 1.062 × 10−2 MHz. The remaining bound states are generally farther from
their respective theoretical limits. The obtained number of bound states
coincides with analytical estimates from the WKB approximation which

yields, for a given C6 coefficient, a total number of bound states Nmax ¼
1

10n4

ffiffiffiffiffiffi
μC6
2π2

q
+ π

4.Where the outer turning point is approximated to be atR =∞

and the inner turning point is R = RLR.

Effective two-level system
The Hamiltonian that describes a three-level system, like the one shown in
Fig. 1, is given by (ℏ = 1):

H ¼ωe∣ei eh ∣þ ωr ∣ri rh ∣þΩ1

2
∣g
�
eh ∣eiω1t þ ∣ei g

�
∣e�iω1t

� �

þΩ2

2
∣ei rh ∣eiω2t þ ∣ri eh ∣e�iω2t
� �

;

ð6Þ

whereωe (ωr) is the energy of the ∣ei (∣ri) state and the energy of ∣g
�
is set to

zero. Ωa and ωa are the Rabi frequency and energy of the laser a,
with a = 1, 2.

Using a unitary rotation frame transformation UðtÞ ¼ ∣g
�

g
�
∣þ eiω1t ∣ei eh ∣þ eiðω1þω2Þt ∣ri rh ∣, the interaction Hamiltonian can be

written as56

HI ¼� Δ1∣ei eh ∣þ δ∣ri rh ∣

þΩ1

2
∣g
�
eh ∣þ ∣ei g

�
∣

� �þΩ2

2
∣ei rh ∣þ ∣ri eh ∣½ �;

ð7Þ

where δ =ωr− (ω1+ω2) and Δ1 =ω1−ωe. The time evolution of the
system is determined by the Schrödinger equation i∂t ∣Ψi ¼ HI ∣Ψi, where
∣ΨðtÞ� ¼ cg ðtÞ∣g

�þ ceðtÞ∣ei þ crðtÞ∣ri is the system state. In the rotating
frame, ∣ei has fast oscillations and instantaneously tends to a steady state
compared with the slow motion of the rest of the system. Therefore, we
assume that _ce ¼ 0. Thus, the equations of motion are given by:

i_cg ðtÞ ¼
Ω2

1

4Δ1
cg ðtÞ þ

Ω1Ω2

4Δ1
crðtÞ; ð8Þ

i_crðtÞ ¼ δcrðtÞ þ
Ω2

2

4Δ1
crðtÞ þ

Ω1Ω2

4Δ1
cg ðtÞ: ð9Þ

Eqs. (8) and (9) are the samedifferential equation obtained froma two-
level system with an effective Rabi frequency Ωeff ¼ Ω1Ω2

2Δ1
and an effective

detuning.

δeff ¼ δ þ Ω2
2

4Δ1
� Ω2

1

4Δ1
: ð10Þ

Data availability
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